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Imre Kátai and Bui Minh Phong
(Budapest, Hungary)

Communicated by Jean-Marie De Koninck

(Received 13 May 2026; accepted 28 August 2026)

Abstract. In this paper, we correct our article mentioned in the title.

The above mentioned paper was published in this journal 56 (2024) 263–270
(see [1]). The Section 6 of this paper will be changed.

Section 6. New results

Theorem 1. Let H ∈ M∗, |H(n)| = 1 for every n ∈ N. Let H(p) = κ for
every p ∈ P. Let r ∈ N, r ≥ 2. Assume that H(r) = κΩ(r) ̸= 1, and choose an
arbitrary real number Y = Y (x) ∈

[
x

7
12 +ε , x

2
3

]
. Then

lim
x→∞

1
Y

∑
x≤n≤x+Y

H
(

τ (r)(n)
)

= 0.

Theorem 2. Let H ∈ M∗, |H(n)| = 1 for every n ∈ N. Let H(p) = κ for
every p ∈ P. Assume that κ ̸= 1. Then

lim
x→∞

1
Y

∑
x≤n≤x+Y

H(n) = 0.
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Proof of Theorem 2. If |κ| = 1, κ ̸= 1, then either
(a) κℓ = 1 for some ℓ ∈ N, ℓ ≥ 2, and then

ℓ−1∑
j=0

κj = 0

or
(b) κ = e2πiα, where α is an irrational number, and then∣∣∣∣∣

L−1∑
ν=0

κν

∣∣∣∣∣ =
∣∣∣∣κL − 1

κ − 1

∣∣∣∣ ≤ 2
|κ − 1|

=: C.

Thus

lim inf
L→∞

∣∣∣∣∣
L−1∑
ν=0

κν

∣∣∣∣∣ ≤ C

in the cases (a) and (b).
Thus∑
x≤n≤x+Y

H(n) =
∑

K∈K
H(K)

∑
x≤Km≤x+Y

κω(m)|µ(m)| =
∑

K∈K
H(K)

∑
K

.

Let T > 0. We have

(6.1)
∑

K∈K
K>T

H(K)|ΣK | ≤
∑

T <K<Y

Y

K
+

∑
K∈K
Y ≤K

1

Since ∑
K∈K
K>u

1 ≤ c
√

u,

the right-hand side of (6.1) is oT (1) Y (x).
Let δ > 0. Let T = Tδ be such a number for which the right-hand side of

(6.1) is less than δY (x).
We shall estimate

ΣK =
∑

x
K ≤m≤ x+Y (x)

K

κω(m) |µ(m)|

for K ≤ Tδ. Let xK = x
K , yK = Y

K . Then

x
7
2 + ε

2
k ≤ yK ≤ x

2
3
K

holds if x is large enough.
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We shall prove that

lim
x→∞

max
K<Tx

∣∣∣∣ 1
yK

∑
(m,K)=1

xK≤m≤xK+yK

κω(m)|µ(m)|
∣∣∣∣ = 0.

Let
Ux =

[
(1 − σx)x2, x2 + ρx

√
x2

]
,

where x2 = log log x, ρx → ∞ and σx → 0 slowly. From Theorem A we obtain
that

max
K≤Tδ

1
yK

∑
(m,K)=1
ω(m)/∈Ux

|µ(m)| −→ 0 as x → ∞.

By using Theorem A we obtain that

ΣK = yK

∑
k∈Ux

κhρh(x) + o(yK).

Since
max
ℓ≤L

∣∣∣∣ρh+ℓ(x)
ρh(x) − 1

∣∣∣∣ −→ 0 as x → ∞,

it follows that

ρh(x) = 1
L

L∑
ℓ=1

ρh+ℓ(x) + ox(1)

and so ∣∣∣∣∣ ∑
k∈Ux

κhρh(xK)

∣∣∣∣∣ ≤ 1
L

∑
t∈Ux

ρt(xK)

∣∣∣∣∣∣
t∑

j=1
κ t−j

∣∣∣∣∣∣ ≤ δ + ox(1).

Thus
1

yK
|ΣK | −→ 0 for every K ∈ K, K ≤ Tδ.

We keep the notations K, ρh and Theorem A from [1, Section 2].
The proof of Theorem 2 is therefore complete. ■

Proof of Theorem 1. Let

n = Km, µ(m) ̸= 0,

then
τ (r)(n) = τ (r)(K)τ (r)(m) = rω(K)rω(m),

Let H1(n) := H
(
τ (r)(n)

)
. Then H1 ∈ M∗, |H1(n)| = 1 (n ∈ N), and

H1(p) = H(r). Since |H(r)| = 1, H(r) ̸= 1.
Thus, Theorem 1 is a special case of Theorem 2. ■
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